We give sufficient conditions ensuring the existence and uniqueness of an Eberlein-weakly almost periodic solution to the following linear equation
Introduction
The aim of this work is to investigate the existence and uniqueness of a weakly almost periodic solution in the sense of Eberlein for the following linear equation :
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A t for some , and the input function 0  T f X   is weakly almost periodic in the sense of Eberlein (Eberlein-weakly almost periodic). In the sequel, we essentially assume that:
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The corresponding homogeneous equation of (1) 
The problem of the existence of almost periodic solutions has been extensively studies in the literature [1] [2] [3] [4] [5] [6] . Eberlein-weak almost periodic functions are more general than almost periodic functions and they were introduced by Eberlein [7] , for more details about this topics we refer to [8] [9] [10] [11] where the authors gave an important overview about the theory of Eberlein weak almost periodic functions and their applications to differential equations. In the literature, many works are devoted to the existence of almost periodic and pseudo almost periodic solutions for differential equations (a pseudo almost periodic function is the sum of an almost periodic function and of an ergodic perturbation), but results about Eberlein weak almost periodic solutions are rare [7, [12] [13] [14] [15] [16] .
In ( [17] , Chap. 3) the authors investigate the existence and uniqueness of an almost periodic solution for equation (1) when the corresponding homogeneous equation of (1) has an exponential dichotomy and the function f is almost periodic. In ( [17] , Chap. 3) the authors showed that, if the corresponding homogeneous equation of (1) has an exponential dichotomy and the function f is almost periodic, the equation (1) has a unique bounded integral solution on which is also almost periodic. Here we propose to extend the result in [17] to the Eberleinweakly almost periodic case. 
Eberlein-Weak Almost Periodic Functions
In the sequel, we give some properties about weak almost periodic functions in the sense of Eberlein (Eberlein-weak almost periodic functions). Let X and Y be two Banach spaces. Denote by the space of all continuous functions from X to Y. Let be the space of all bounded and continuous functions from to X, equipped with the norm of uniform topology.
is said to be almost periodic, if the orbit of x, the set of translates of x:
is a relatively compact set in with respect to the supremum norm.

We denote these functions by 
will denote the set of Eberlein-weakly almost periodic X valued functions.
Theorem 2.3 Equipped with the norm
is a Banach space. In [18, 19] Deleeuw and Glicksberg proved that if we consider the subspace of those Eberlein weakly almost periodic functions, which contain zero in the weak closure of the orbit (weak topology of
For a more detailed information about the decomposition and the ergodic result we refer to the book of Krengel [20, 21] .
In order to prove the weak compactness of the translates, Ruess and Summers extended the double limits criterion of Grothendieck [22] 
Eberlein-weakly almost periodic with a relatively compact range,
Proof. In Order to prove that 
By hypothesis, we have is periodic, thus satisfies the double limits condition. Let be the double limit. 
